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We present a new categorical approach to the study of infinite games in com-
binatorics. With said new approach, we define categories of infinite games and are
thus able to show how the following classical result from Scheepers about covering
and tightness topological games can be seen as a consequence of the existence of
natural transformations between the game functors.

Theorem 0.1. If X is a T3 1
2
space, then

• Alice has a winning strategy in G1(Ω,Ω) over X ⇐⇒ Alice has a
winning strategy in G1(Ω0̄,Ω0̄) over Cp(X) (Theorem 13, [1])

• Bob has a winning strategy in G1(Ω,Ω) over X ⇐⇒ Bob has a winning
strategy in G1(Ω0̄,Ω0̄) over Cp(X) (Theorem 29, [2])

We also present many aspects of the structural richness of these new game cat-
egories and characterize them in terms of other well-established categories.
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