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a, = min|.</| where &7 splits into n not separated parts

@ The Luzin family o7 says that ax = ;.
e W= <a3<...<ag.

A

Avilés & Todorcevic (2011)
@ MA implies a3 =c.
Q w=ay<az<...<agy is consistent.

Theorem

ap < non(&), where & is the o-ideal of subsets of 2% that can be
covered by countably many closed measure zero sets.

| A

A

Bartoszynski & Shelah: Consistently,

non(&’) < min (non(4"),non(.#))




Small almost disjoint family, following AT (2011)




Small almost disjoint family, following AT (2011)

Let K=n®, T =n<?.



Small almost disjoint family, following AT (2011)

Let K=n®, T =n<?.
Take X C K that cannot be covered by countably many closed
measure zero sets in K.



Small almost disjoint family, following AT (2011)

Let K=n®, T =n<?.
Take X C K that cannot be covered by countably many closed
measure zero sets in K. Define for x € K



Small almost disjoint family, following AT (2011)

Let K=n®, T =n<?.
Take X C K that cannot be covered by countably many closed
measure zero sets in K. Define for x € K

Bi(x)={ceT:0~i<x}



Small almost disjoint family, following AT (2011)

Let K=n®, T =n<?.
Take X C K that cannot be covered by countably many closed
measure zero sets in K. Define for x € K

Bi(x)={ceT:0~i<x}

o ={Bij(x) : x € X}



Small almost disjoint family, following AT (2011)

Let K=n®, T =n<?.
Take X C K that cannot be covered by countably many closed
measure zero sets in K. Define for x € K

Bi(x)={ceT:0~i<x}
o ={Bij(x) : x € X}

Then of = oyU...Ug,_1 is an almost disjoint family and o7 are
not separated.
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Given compact spaces K C L, a bounded linear operator

E: C(K)— C(L) such that (Eg)|K = g for g € C(K) is called an
extension operator.

E is bounded if

IE|| = sup{l|Eg] : llgl] <1} <ee.

@ If K is metrizable then there is a norm-one extension operator
for every compact L O K (Borsuk-Dugundiji).

@ If K is not ccc and L D K is separable then there is no
extension operator (Petczyniski).
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Then there is a countable discrete extension KU ® of K such that
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Corollary

If K satisifes the assumptions of Proposition for every n then K
has a countable discrete extension without extension operators.

\
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© 'No’ for k > ag.




